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and

RGP = pa @ Y f(d)h(Z) _ 0. since s>2.

deA(pjt)
Now, it is easy to see that L (p*, p*) = R (p*, p) if and only if (16) holds.
Thus the Theorem is proved. '

COROLLARY If fe¥ and h - .9, where ge€.M, then the pair
(f, h) satisfies the functional equation (14).

Proof. We have

F,pHf(p*™") = { Yo f(d)uy (p“/d)g(p“/d)}f (pt=~1"

deA(pst)

={ )3 f(p"’)uA(p“"")‘)g(p‘s“")’)}f(p“'”’)

= {f(p™ —fE"g ()1 f(PETD
(17) =f(p® ) —f(p* g (),

since f€ 4. Also,
FPYF (") = f(p*) { SO (P T g (ptT1 "'”)}
i=0

= fEN P =) g () ]
(18) = f(p*™) —f(p*T* ) g (b
Now, from (17) and (18), we see that (16) holds for all primeé p and all

integers o > 2, where ¢ = 7, (p*). Hence the Corollary follows in virtue of
the Theorem.
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